Порядок выполнения работы в тетради.

1.	Краткий  конспект  темы с  примерами  обязателен.
2.	Самостоятельная работа – указываете номер.
3.	 Далее  - выполнение с указанием номеров заданий. Рисунки к вычислениям обязательны.


Самостоятельная работа №73.
Задания для самостоятельных работ :
[bookmark: _GoBack]15(3), 19(3), 24(3), 27(3)
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orpanuyeHa npamoil x~2y+4=0, a npn uIMeHennr x of N o C—npamoit
x+y~=5=0. .

Jns tpeyronbuuka AMN mveem: x—2y+4=0; y=0,5x+2, T.e. f(x)=
=0,5x+2, a=~4 u b=2. [ns tpeyronbhuka NMC umeem: x+y—5=0,
y==x+5 T.e f()==x+5 a=2 u b=5.

BLYHC/IMB IUIOWIAZb KAXZOTO M3 TPEYrONBHUKOB M CNOKHB PE3ynbTaThl,
HAaXOZHM:

2
Saaw= J (0,5x+2)dx=[0,25x"+2x]24=9 (xs. en.;
A -

5
Sanse=[(—x+5)dx=[~0,5x*+5x]3=4,5 (k. e.);
2

13,5 (xs. en.).

8= Sy asen+ Sanmc =9+4,5
=13,5 (x8. e1.). @

Tiposepka: Sy uc=0,54C-NM=0,5-9
3. y=x%, y=0, x=2 u x=3.

O B nauHom cnysae Tpebyercs BHMHCIHTR IUIOMIAAb KPHBOMMHEHHON
Tparewun, orpaHuyeHHO} napaGonoii y=x?, NpAMbIMH x=2 1 x=3 1 ockio Ox
(puc. 75). Tlo dopmyne (13.1) naxommm

3

1
‘sg(xs. en). @

4 y=—x2+4 u y=0.

O Buimonunm niocTpoenne Gpurypsl (puc. 76). Mckomas niomans 3akmodeHa
Mexay napabonok y=-—x?+4 u oceo Ox.

Haiinem Touku nepeceuenns napaGosbi ¢ ocbio Ox. Ilonaras y=0, saiizem
x=+2. Tax xax paHnas QuIypa cHMMETpHYHZ OTHOCHTenbHO ocw Op, TO
BEIYHCIHM IUTOIIaN, QUrypbl, PACTIONOXEHHOH ClpaBa OT ocu Oy, H TIONyYeHHEIH
PE3yNLTAT YBOUM:

f x3 2 1
S,=J‘(—x’+4)dx=[v—+4x] =5-(kB. en.);
37T
°

S=ZSx=2-S;=10§(xn. en). @
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S. y?=x, y20, x=1 u x=4.

O 3nech TpebyeTca BhluMCAMTH ILUIOLIAAL KPUBOIMHEHHON Tpaneuuu, orpa-
HHUYEHHON BepXHell BeTBbio Napabonni y?=x, ocpio Ox U npambiMi x=1 1 x=4
(puc. 77). To gopmyne (13.1), rae f(x)=y/%, a=1 u b=4, Haxomum

s

.
Py

S=Jﬁdx=jx”z dx=i3_
1

1 1

_Z 3/2 3/2) _2 = E
=31 =2 (8- 1)=43 (0. cn). @

6. y=sinx, y=0, x=0 u x=n.

O Wcxomas mnomans orpaHuueHa NONYBOMHOW cHHycoHmhl H ochio Ox
(puc. 78). Pimeem
*
=—cosn+cosO=1+1=2(xkn. en.). @

S=[sinxdx=—cosx
o 0

7. y=—6x, y=0 u x=4,

O ®urypa pacnonokena nox ockio Ox (puc. 79). CnenosaTensHo, ee
niomans Haxomum no gopmyne (13.3):

S=

=[[~3x*]$1=| —48|=48 (xs. en). @

.
~[6xdx
o

8 y=(1/3)x3 y=0, x=—1 u x=2.

O Kpusyio p=(1/3) x* nocrpoum 1o Toukam (puc. 80). Purypa, orpanuyeH-
Hafl [AHHBIMW JIMHUAMY, PACNONOXCHA Mo ofe cTopoHet o ocy Ox. Takum
o6pasom, mwiomams ¢urypsl Haxoamm no dopmyie (13.4):

0 2
1, 1, 2 x4
S—lfax dx +I3x dx= [12 ;,‘+ ],
21

)
=1 i(xaA en). @
12
2

1
12

L
[P

9. x¥4yi=
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O 3neck TpeGyeTCA BLMMCIMTL IUIONIAZb, OTPAHWYCHHYIO OKDYKHOCTBIO
x2+y?=r? T.e. Wiowans Kpyra pamMyca r ¢ UEHTPOM B Hayale KOOPAHRAT.
HalifieM ueTBepTyio 9acTh 3Toif NIOWaAM, B3XB MpeAe/bl MHTETpHpoBaHKi oT 0

1O r; BMEeM S,=j\/r’——xz dx. VlaTerpan atoro BWjia paccMOTpeH B Npumepe 80
@) ra 1l ’
Sy =]:'2—zucsin§+§\/"7—_x"];=;amsinl=121-<§=E;—2.
Cnefosatensuo, S=4S,=nr’. @
10. y=x? u y=2x.
O Jlaunan durypa orpanuyeHa napaGonoi y=x? u npamoii y=2x (puc. 81).
Jins ompeneneHHs TOYeK TMepeceucHus 3aNAHHLIX JHHHE DEWIHM CHCTEMY

ypaBHeHuit
y=x2,
y=2,

x

x
uckomolt nnomanu dopmyny (13.5), monysnm

oTkyna Haxomam x*—~2x=0<x(x—2)

0,
2 Hicrnonb3ys Ais HAXOKICHUS

2
372
S P P N LIS
S—j(lx x)dx [x 3]0 4 33 (xB. en). @
)

11 7x2-9p+9=0 u 5x2—9y+27=0.

O 3amumen ypasHenus napabon B sune y=(7/9)x*+1 u y=(5/9)x*+3 u
nocrpouM 31 napaGonel (puc. 82). JInA HAXOKIEHHS TOYeK HX NEPECCYCHHA
PEIAM  CHCTEMY

y=(119)x*+1,
y=(5/9)x*+3,
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OTKyHa X, =—3, x,=3. Tax Kax purypa cuMMeTpuuHa oTHOCHTe/LHO ocH Oy, TO
HalileM TONOBHHY ee IIOMIaNM, B3SB TpeMienbl HHTErpupoBaus or 0 Jo 3, u

Pe3yNLTAT yRsOHM:
3
= 2 2 . Z 2 =
S,-—ﬂ:(gx +3) (91( +]):]tix—
]
3
2 ¥
I(Z—Ex’)dx 2[):—2—] =2(3—1)=4 (xs. en);
°

§=25,=8 (xp.ex). ®

BrrauciuTe WIOWANH (GUIYp, OTPAHMYCHHEIX YKA3AHHBIMH JHHHAMH:

12, 1) x—y+2=0, y=0, x=—1 u x=2; 2) 2x-3y+6=0, y=0 n
x=3.

13. 1) x—y+3=0, x+y—1=0 u y=0; 2) x—2y+4=0, x+2y 8=
=0, y=0, x——l " x=6.

14. 1) y=x2, y=0, x=0 1 x=3; 2) y=3x2, y=0, x=-3 u x=2.

15. 1) y= 2+1, y=0, x=—1 1w x=2; 2) y=0,5x>+2, y=0, x=11u
x=3; 3) y=—(1/3)x2+3, y=0, x=0 un x=3.

16. y?=x, y>0, x=0 u x=3.

17. l) y=—x*=2x+8, y=0; 2) y=—(2/9)x*+(4/3)x, y=0; 3)
y=—x*46x-5, y=0, x=2 u x=3.

18. 1) y=1/x, y=0, x=1 n x=3; 2) y=2/x, y=0, x=2 u x=

19. 1) y=cosx, y=0, x=0 u x==n/2; 2) y=tgx, y=0, x=0
x=n/3; 3) y=tgx, y=0, x=n/6 u x=n/3.

20. 1) y——3x, y=0 u x=2; 2) y=2x, y=0 m x=-3.

21. l) y=-3x%y=0,x=1ux=22)y=—-x’—1,y=0,x=—2ux=1;
3) y =x>-4 un y~0

1) y=x3, y=0, x=—2 1 x=2; 2) y=4x3, y=0, x=—1 1 x=2;

3) y=x’—x, y=0, x=-1n x=1

23. 1) y*=4dx, ,x=1 u x=9; 2) y?=9x u x=4.
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4. 1) x2+y2=9; 2) x?/a*+y?[b2=1; 3) x%/16+y*/9=1.

25. 1) y=sinx, y=0, x=—n/2 u x=mn; 2) y=sinx, y=0, x=0 u
x=2m.

26. 1) y=x> " y=—3x; 2) y=x? 1 y=2x+8; 3) y=x?n y=x+2;
4) y=x*+2 n y=6.

27. 1) y=0,5x2—4x+10 1 y=x+2; 2) y=x*—2x+3 u y=3x—1;
3) y= 1/3{ 2x+4 " y=—x+10

28. 1) p=2x2+1 » y=x2410; 2) y=-1,5x*4+9x~75 n y=
=—x?+6x— 5
©29, 1) y=x? u y=2— x,2) =x? u x=y
6x+9 1 3x—y—9=0.
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T'nasa 13
NPWIOXEHMA ONPEAEJEHHOT'O MHTEI'PAJIA

§ L. IPUMEHEHUE ONPEJAEJIEHHOIO MHTEIPAJA
K BbIYUCJEHUIO PABIMYHLIX BEJIVIYMH.
NAOWALD TLIOCKOM OUI'YPBI

1. Tipumesncune onNpeeeHNOr0 RITErPRIA K BLITHCIICHNIO PA3IHIHLIX BE/THYHA.
Onpenenenupiii uHTerpai UIMPOKO TPHMEHACTCA NPH BEIYMCIEHMAX PA3/HYHBIX
TEOMETPUHECKHX H ‘PU3MYCCKHX BEAWwWH. BLivuCheMne HEKOTOPOW BENHUHHM U, |
COOTBETCTBYIOLICH NPOMEXYTKY A< x < b HIMEHCHNA HE3ABHCHMON TiepeMeHHO X,
BLINOJNHAETCA N0 ClCAYiOIleH cXeme:

212
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1. TlycTs BeMduHa u Moy4aeT Mpupaltienne Aurf(x)Ax, CooTBETCTRYIOIIEE
MIMEHEHMIO x Ha Manyio Benmamhy Ax; f(x) paccmaTpuBacTcs Kak jauHas Wi
onpefenseMas M3 ycloBuA 3ajaauM (QyHKuua oT x (pHc. 67).

2. 3amenup npupaiienne Au auddepeHunanoM du (rnaBHas €acTh npupa-
menns Au) w Ax— gupdeperunanom dx(Ax=dx), nomyuum

du=f(x)dx.

3. MnTerpupys 3TO paBEeHCTBO B TpeleNaX OT x=a 10 X=b, Haxomum
»
u={f(x)dx.

2. Buomcienne maowann niockoii urypw. Hadinem nompame S kpuoim-
HelfHOW Tpamleumy, orpanudeHHolt kpupoil y=/(x), ocbio Ox W ABYMS MPAMBIMH
x=a n x=b, tac a<x<b, f(x)20 (puc. 68).

Tax Kak audpdepeHuuan NEPemMeHHOR IUomEAAX § €CTh TUIOmAAb NPAMO-
yronbHEKa ¢ ocHoBanMeM dx W BhiCOTOH f(X), T. €. dS=f(x)dx, To, urTerpupys
3TO PABCHCTBO B TpeAENax OT @ A0 b, NOAYYHM

s=ff(x)dx. (13.1)

Ecnn KpuBOnuHeifHas Tpameums mpwieraet k ocn Oy TaK, 4To €< ysd,
x=¢(y)20 (puc.69), To aupQepenuman mnepemennodt Toman® S pasen
ds=f(y)dy, otkyna

. .
5=[o(y)dy. 13.2)

B ToM cnywae, Korja KpMBOIHMHe#Has Tpameuus, OrpaHWYeHHas® KPUBOH
y=f(x), octo Ox u mpameiMi x=a u x=b, aexur nox ocelo Ox (puc. 70),
niouae HAXOAUTCA To (opmyre

N
S=[If(x)1dx. (13.3)

Ecnu durypa, orpanssennas kpuboi f(y), ocbio Ox u mpAMEIME X=a 1 X=b,
pacriojiokena no obe cropoHkr oT ocu Ox (puc. 7I), To

. »
S=[f(x)dx+{1f(x)dx. (134)

K 4
TIycts, HakoHel, Gurypa S orpahnyeHa AByMs TepeCeKalOIMMHCA KPHBBLIMU

y=fi(x) u_y=f(x) n npameme x=a u x=b, e a<x<b u f,(¥)<A(x)
(puc. 72). Torma ec mnomanb Haxomurcs mo Qopmyne
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Puc. 69 Puc. 70

S=}[f,(x)—f,(x)]dx (13.5)

BbruuCIMTE IOk GUIYP, OrPARMYEHHBIX YKA3aHHBIMH JIMHHAME:

1. x+2y—4=0, y=0, x=-3 u x=2.

O Buinonsnm noc-rpoeune‘cburypm. Crponm npamyio x+2y—4=0 no msym
Toukam A (4; 0) n B(0; 2) (puc. 73). Buipasus y uepe3 x, noaysum y=—0,5x+2.
Tlo ¢opmysie (13.1), rae f(x)=~0,5x+2, a=—3, b=2, naxomum

2
S= [ (~0,5x+2)dx=[—0,25x2+2x]23=11,25 (xp.en)
-3

B xauecTBe MpOBEPKM BHIYMCIMM TUIOWAAbL Tpameuun M, MNN, obbrHbBM
nyrem. Haxomms: M,M=f(~3)=—05(=3)+2=35, N,N=f(2)=—052+2=
=1, M,N,=5. Crexosatensio, S=0,5(3,5+1)-5=11,25 (xs. en.). @

2. x—2y+4=0, x+y—5=0 n y=0.

O Bomonunm nocrpochne durypst (puc. 74). TlocTporm npsamyo x—2p+
+4=0: y=0, x=—4, A(—40); x=0, y=2, B(0;2). IocTpoum npsamyi
x+y=5=0: y=0, x=5, C(5;0); x=0, y=5, D(0; 5).

HaiiieM TouKy mepeccueHHs NPAMBIX, PELIMB CHCTEMY ypaBHeHHH

x—2y+4=0,
x+y—5=0, x=2, y=3, M(2; 3).

Jns BBramcieHns mckoMoll ftowamu pasobeem TpeyronbHuk AMC Ha nBa

Tpeyronbhuka AMN. w NMC, Tak Kak npH u3meHeHwH x oT A no N mnowafs





